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Testing for Hardy–Weinberg equilibrium at biallelic genetic
markers on the X chromosome
J Graffelman1 and BS Weir2
Testing genetic markers for Hardy–Weinberg equilibrium (HWE) is an important tool for detecting genotyping errors in large-scale
genotyping studies. For markers at the X chromosome, typically the χ2 or exact test is applied to the females only, and the
hemizygous males are considered to be uninformative. In this paper we show that the males are relevant, because a difference
in allele frequency between males and females may indicate HWE not to hold. The testing of markers on the X chromosome has
received little attention, and in this paper we lay down the foundation for testing biallelic X-chromosomal markers for HWE. We
develop four frequentist statistical test procedures for X-linked markers that take both males and females into account: the χ2
test, likelihood ratio test, exact test and permutation test. Exact tests that include males are shown to have a better Type I error
rate. Empirical data from the GENEVA project on venous thromboembolism is used to illustrate the proposed tests. Results
obtained with the new tests differ substantially from tests that are based on female genotype counts only. The new tests detect
differences in allele frequencies and seem able to uncover additional genotyping error that would have gone unnoticed in HWE
tests based on females only.
Heredity advance online publication, 13 April 2016; doi:10.1038/hdy.2016.20
INTRODUCTION
The Hardy–Weinberg law is a fundamental principle in population
genetics, and is of relevance in many related areas of the life sciences,
such as epidemiology, bioinformatics and biostatistics. In its most
elementary form, the law states that the genotype frequencies AA, AB
and BB for an autosomal biallelic marker will occur in the relative
proportions p2, 2pq and q2, where p is the allele frequency of A, and
q= 1− p the allele frequency of B. In the absence of disturbing forces
(migration, selection and so on) these proportions will be reached in
one generation of random mating and afterwards genotype and allele
frequencies will remain unaltered over the generations. In this state,
the population is said to be in Hardy–Weinberg equilibrium (HWE).
It has become common practice in gene–disease association studies
to test genetic markers for HWE. Signiﬁcant deviations from HWE are
often the consequence of genotyping error, and HWE tests are an
efﬁcient way of detecting (gross) genotyping error. There are many
other possible causes for disequilibrium. Disequilibrium can also arise
from population substructure or inbreeding (Laird and Lange, 2011).
Several statistical tools can be used to test markers for equilibrium
(Weir, 1996). Formal hypothesis testing is possible by means of the
χ2 test, an exact test, a likelihood ratio test, a permutation test or by
using Bayesian procedures (Ayres and Balding, 1998; Lindley, 1988;
Shoemaker et al., 1998; Consonni et al., 2010; Wakeﬁeld, 2010).
Graphics like ternary diagrams (Graffelman and Morales-Camarena,
2008; Graffelman, 2015) and Q–Q plots of P-values are valuable tools
if large numbers of markers are tested for HWE simultaneously.
It is well known that traits and markers on the X chromosome are
different from autosomal markers with respect to HWE. As males are
hemizygous and receive their X chromosome from their mother,
male allele frequencies of X-chromosomal markers equal the female
allele frequencies of the previous generation. If male and female allele
frequencies initially differ, then it will take several generations before
HWE is reached. The implications of X-chromosomal inheritance
for HWE are well described in most text books on population genetics
(Crow and Kimura, 1970; Hartl, 1980; Lange, 2002). Figure 1a
summarizes the situation: if males are ﬁxed for the A allele, and
females are ﬁxed for the B allele, then it takes 8 generations before the
difference in allele frequency is below 0.01. Figure 1b shows how the
female genotype frequencies change over the generations, converging
to the HWE proportions once the allele frequencies have stabilized.
Biallelic markers, which are the focus of this paper, are usually
tested for HWE by means of well-known tests like the χ2 test or the
exact test. The relative merits of these test procedures have been the
subject of several studies (Elston and Forthofer, 1977; Emigh, 1980;
Wigginton et al., 2005; Graffelman and Moreno, 2013). However,
bibliographical research shows that there are many papers dedicated to
statistical tests for HWE for autosomal markers, but that little or no
attention has been devoted to sex-linked markers (Zheng et al., 2007).
The usual approach for testing X-chromosomal markers for HWE
is to test it in females only, because the males are hemizygous. There
is plenty of software available for analyzing genetic marker data for
HWE. Available software often does treat X-linked markers. Plink
(Purcell et al., 2007) tests markers on the X chromosome by doing
the standard tests (χ2 or exact) using only the females in the database.
The R package GWASTools (Gogarten et al., 2012) explicitly states to
exclude males for X-chromosomal markers. Other programs do not
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distinguish between autosomal and X-linked markers, leaving it to the
user to decide what to do with the hemizygous males. Because of the
use of standard ﬁle formats, males are often coded in the database as if
they were diploid, that is, the hemizygous genotypes A and B appear as
AA and BB in the data set. This has the danger that males actually
enter the HWE test as if they would be diploid individuals if the sexes
are not distinguished. In this case the user has to explicitly discard the
males before testing for HWE. It is apparently assumed that the
hemizygous males are uninformative with respect to HWE. In this
paper, we argue that testing HWE for X-chromosomal markers by
applying the standard χ2 test or the exact test to females only is
inadequate. Males should be taken into account when testing
X-chromosomal marker data for HWE, and the purpose of this paper
is to lay down the statistical foundation for testing biallelic X-chro-
mosomal markers for HWE. We develop four frequentist procedures
in full detail: the χ2 test, the likelihood ratio test, the exact test and the
permutation test. There has been an upsurge of Bayesian tests for
HWE. This paper gives the ﬁrst full frequentist treatment of HWE
tests for X-chromosomal markers, and Bayesian procedures as well as
multiallelic markers are left for future work and considered beyond
the scope of the current paper.
It should be fairly obvious that ignoring males is inadequate for the
following reasons. First of all, the sample size is reduced by ∼ 50% by
ignoring the males, and this evidently brings about a loss of power.
Moreover, if the male and female allele frequencies differ then the
marker cannot be in HWE. Testing females only ignores this
possibility. Depending on the allele frequencies and genotype frequen-
cies of males and females, four possible situations can arise, as
depicted in the ternary diagrams in Figure 2. The ternary plot, also
known in genetics as a de Finetti diagram (De Finetti, 1926), is a useful
tool, as it simultaneously displays genotype frequencies, allele frequen-
cies and the deviation from HWE in a single graph (Graffelman and
Morales-Camarena, 2008). The Hardy–Weinberg (HW) law is repre-
sented by a parabola in the ternary diagram (Cannings and Edwards,
1968). The base of the triangle is a 0–1 axis for the allele frequency,
and the male allele frequency can be conveniently represented by
a single point on this axis.
Figure 2a shows a ternary diagram representing male and female
genotype and allele frequencies for an X-linked marker in HWE.
Males and females have equal allele frequencies, and female
genotype frequencies occur in HW proportions. For this reason,
the female composition is on the HWE parabola. Figure 2b shows a
disequilibrium situation. The two sexes have the same allele
frequencies, but disequilibrium arises from the fact that the female
genotype frequencies do not correspond to HW proportions.
Figure 2c shows a different condition that gives rise to disequili-
brium: the females do occur in HW proportions, but male and
female allele frequencies differ. Figure 2d shows the combination
of both phenomena: disequilibrium arises from different allele
frequencies and female genotype frequencies not corresponding to
HW proportions. Thus, two conditions have to be met for an
X-chromosomal marker to be in equilibrium: equal allele frequen-
cies and HW proportions for females.
The structure of the remainder of this paper is as follows. In the
next Section we develop statistical tests for markers at the X
chromosome. The newly developed tests are illustrated with
empirical data sets in the Example Section. Discussion and
bibliography complete the paper.
STATISTICAL TESTS FOR HWE FOR MARKERS AT THE
X CHROMOSOME
Several statistical tests are available for investigating genetic marker
data for HWE. The classical χ2 test for goodness of ﬁt has been the
most popular test for HWE for decades, although nowadays exact
procedures are more and more often employed. A likelihood ratio test
is also available. A description of the different tests is given by Weir
(1996). In the following paragraphs, we develop the χ2 test, the
likelihood ratio test, the exact test and the permutation test for
X-linked markers. We then compare the Type I error rate of the
proposed tests.
The χ2 test
The χ2 test is the classical test for HWE. Let nAA, nAB and nBB
represent the observed genotype counts. Let p^A be the maximum
likelihood estimator for the population allele frequency given by:
p^A ¼
ð2nAA þ nABÞ
2n
; ð1Þ
and let eAA ¼ np^2A, eAB ¼ 2np^Að1 p^AÞ and eBB ¼ nð1 p^AÞ2 be the
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Figure 1 HWE for a biallelic marker on the X chromosome. (a) Evolution of
male and female allele frequencies over time after an initial difference of 1.
(b) Simultaneous evolution of the female genotype frequencies over time.
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expected genotype counts under HWE. The χ2 statistic can be
computed as
X2 ¼ ðnAA  eAAÞ
2
eAA
þ ðnAB  eABÞ
2
eAB
þ ðnBB  eBBÞ
2
eBB
: ð2Þ
Under the null hypothesis, this statistic has a χ1
2 reference
distribution. This χ2 test is typically explained in textbooks on
population genetics (Hartl, 1980; Hedrick, 2005). We now develop
the χ2 test for markers on the X chromosome that takes the males into
account. The following notation will be used. We ﬁrst specify the
theoretical population parameters, and let pA be the frequency of the A
allele, and f̂ the fraction of males in the population. The sample
quantities are as follows: let mA and mB be the number of males
carrying the A and B allele, respectively, and let f AA; f AB and fBB be
the number of females of each of the three possible genotypes. Let nm
be the number of males, nf the number of females and n= nm+nf the
total sample size. The total number of alleles is given by nt= 2nf+nm.
The distribution of these genotype counts is multinomial. The
probabilities of the ﬁve categories, the observed and expected counts
under HWE are shown in Table 1.
The maximum likelihood estimators for f̂ and pA are given by
f^ ¼ nm
n
; p^A ¼
nA
2nf þ nm: ð3Þ
Let ei be the expected count of genotype i. Then, Pearson’s χ2 statistic
for goodness of ﬁt is given by
X2 ¼ ðmA  eAÞ
2
eA
þ ðmB  eBÞ
2
eB
þ ðf AA  eAAÞ
2
eAA
þ ðf AB  eABÞ
2
eAB
þ ðf BB  eBBÞ
2
eBB
: ð4Þ
Under HWE, this statistic has a w22 distribution. Note that the
proportion of males (ϕ) is assumed unknown, and estimated from the
data. If the sample is known to come from a population of exactly
equally frequent sexes, then ϕ may assumed to be known and set to 12.
In that case, the reference distribution of X2 is the w2 distribution with
3 degrees of freedom. Note that this w2 test assumes both homogeneity
of allele frequencies and HW proportions in females, and thus
constitutes an omnibus test for HWE. Rejection can occur if female
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Figure 2 Hardy–Weinberg (dis)equilibrium for a biallelic marker on the X chromosome. (a) Equilibrium. (b) Disequilibrium due to deviating female genotype
frequencies. (c) Disequilibrium due to nonhomogeneous allele frequencies. (d) Disequilibrium due to deviating female genotype frequencies and
nonhomogeneous allele frequencies.
Table 1 Observed and expected genotype counts for an X-chromosomal marker under Hardy–Weinberg equilibrium
Genotype Males Females
A B AA AB BB
Probability ϕpA ϕ(1−pA) ð1 fÞp2A 2(1−ϕ)pA(1−pA) (1−ϕ)(1−pA)2
Observed mA mB fAA fAB fBB
Expected nf^p^A nf^ð1 p^AÞ nð1 f^Þp^2A 2nð1 f^Þp^Að1 p^AÞ nð1 f^Þð1 p^AÞ2
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genotype proportions deviate from HW proportions, if female and
male allele frequencies differ, or if both these phenomena occur
simultaneously.
Likelihood ratio test
A likelihood ratio test for autosomal biallelic markers has been
described by Weir (1996). It is based on a multinomial likelihood,
the latter evaluated under the null hypothesis of HWE and under the
alternative. It is straightforward to extend the likelihood ratio test for
markers on the X chromosome. For autosomal makers, the logarithm
of the likelihood ratio is given by
ln
L0
L1
 
¼ 2n ln 2ð Þ  n ln nð Þ þ nAB ln 2ð Þ þ nA ln nAð Þ
þ nB ln nBð Þ  nAA ln nAAð Þ  nAB ln nABð Þ
 nBB ln nBBð Þ; ð5Þ
where nAA; nAB and nBB contain the sums of male and female
genotype frequencies. The statistic G2=− 2 ln (L0/L1) has, asympto-
tically, a w21 distribution. For a marker on the X chromosome, using a
multinomial distribution with 5 categories, the likelihood ratio statistic
becomes
ln L0L1
 
¼ nt ln ntð Þ þ nm ln nmð Þ þ nf ln nf
 þ f AB ln 2ð Þ
þnA ln nAð Þ þ nB ln nBð Þ  f AA ln f AAð Þ  f AB ln f ABð Þ
f BB ln f BBð Þ mA ln mAð Þ mB ln mBð Þ:
Asymptotically, G2=− 2ln (L0/L1) has a w22 distribution. For large
samples the likelihood ratio test is equivalent to a χ2 test for HWE.
A different likelihood ratio test assuming a ﬁxed number of males and
females has recently been proposed by You et al. (2015).
Exact test
Exact test procedures for HWE are based on the conditional
distribution of the number of heterozygotes (NAB) given the minor
allele count (NA). This distribution was derived by Levene (1949) and
Haldane (1954) and is given by:
P NABjNAð Þ ¼ nA!nB!n!2
nAB
nAA!nAB!nBB!ð2nÞ!: ð6Þ
The standard way to compute the P-value of an exact test is to sum
probabilities according to Equation (6) for all samples that are as likely
or less likely than the observed sample. We propose the following
exact test for X-chromosomal biallelic markers. We derive, under the
assumption of HWE, the joint distribution of the number of A males
(MA) and the number of female heterozygotes (FAB), conditional on
sample size, number of A alleles (nA) and the observed male and
female frequencies. The corresponding probability density is given by:
P MA ¼ ma-FAB ¼ f ABjn; nA; nmð Þ
¼ nA!nB!nm!nf !
mA!mB!f AA!f AB!f BB!nt !
2f AB : ð7Þ
This density is seen to be a straightforward generalization of the
autosomal density in Equation (6), with the sample size factorial n!
split in separate factorials for males and females, additional factorials
for the male genotype counts in the denominator and 2n replaced by
nt. In fact, the autosomal exact test (Equation 6) is a special case of the
X-chromosomal exact test, because for a sample without males
(mA=mB= 0) Equation (7) reduces to Equation (6). The P-value of
the exact test for HWE of an X-linked marker is then obtained by
summing Equation (7) over all possible outcomes that are as likely or
less likely than the observed sample. We consider a numerical example
to illustrate the computations. A sample of 20 individuals (10 males
and 10 females) with a total of 6 A alleles has been observed, with
genotype counts mA= 3, mB= 7, fAA= 0, fAB= 3 and fBB= 7. Table 2
lists all 16 possible samples together with their probability according to
Equation (7).
The number of possible outcomes for the distribution in Equation
(7) is given by
XminðnA;nmÞ
mA¼maxðnmnB;0Þ
min ðnA mA; nB  ðnm mAÞÞ=2b c þ 1ð Þ;
where nA represents the overall minor allele count and I·m the ﬂooring
operation. The observed sample (12) has a probability of 0.1940. All
samples except sample 10 have a smaller probability than that for
sample 12. The probabilities in Table 2 are the probabilities under
the assumption of HW proportions and equal allele frequencies. The
P-value of the test is thus equal to 1− 0.2546= 0.7454. For autosomal
markers, the mid P-value has been proposed as a more appropriate
P-value for an exact test for HWE (Graffelman and Moreno, 2013). The
mid P-value could also be used in the present exact test for markers on
the X chromosome, and corresponds to half the probability of the
observed sample plus the probabilities of all samples that are more
extreme. For the example at hand, the mid P-value is 0.6484.
The joint density for the example in Table 2 is shown in Figure 3.
The standard exact P-value corresponds to the height of the bar
representing the observed sample at (mA= 3, fAB= 3), plus the height
of all bars lower than the observed sample.
Permutation test
HWE refers to the statistical independence of alleles within individuals
at a marker. For autosomal markers this independence can be assessed
by a permutation test, where all 2n alleles of all individuals are written
out as a single sequence (for example, BABBABAABBAA....). This
sequence is then permuted many times, and for each permuted
sequence alleles are grouped in pairs that are taken as individuals. For
each permuted sequence a test statistic (the pseudo-statistic) for
disequilibrium is computed. The test statistic for the original observed
sample is compared against the distribution of the pseudo-statistic,
where the latter has been generated under the null hypothesis.
Table 2 All possible samples for a set of 20 individuals (10 males
and 10 females) with a total of 6 A alleles
mA mB fAA fAB fBB Prob
1 0 10 3 0 7 0.0002
2 0 10 2 2 6 0.0085
3 0 10 1 4 5 0.0340
4 0 10 0 6 4 0.0226
5 1 9 2 1 7 0.0121
6 1 9 1 3 6 0.1132
7 1 9 0 5 5 0.1358
8 2 8 2 0 8 0.0034
9 2 8 1 2 7 0.1091
10 2 8 0 4 6 0.2546
11 3 7 1 1 8 0.0364
12 3 7 0 3 7 0.1940
13 4 6 1 0 9 0.0035
14 4 6 0 2 8 0.0637
15 5 5 0 1 9 0.0085
16 6 4 0 0 10 0.0004
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The P-value of the test is calculated as the fraction of permuted
samples for which the pseudo-statistic is equal to or exceeds the test
statistic. Such a test is computer intensive but has the advantage that it
does not rely on asymptotic assumptions. The permutation test is
easily adapted for X-chromosomal markers as follows. Again all alleles
are written out as a single sequence of nt= 2nf+nm alleles, and this
sequence is shufﬂed many times. The ﬁrst nm elements from this
sequence are taken to be males, and the male allele counts are
determined. The remaining 2nf elements of the sequence are grouped
in pairs as females and the female genotype counts are determined.
The test statistic for disequilibrium (for example, the χ2 statistic in
Equation (4)) is calculated for each shufﬂed sequence, and the P-value
of the test is calculated as before. This permutation test conditions on
the observed allele frequency and also on the observed gender ratio.
Type I error rate
In this section we evaluate the proposed statistical tests in terms of
their Type I error rate. We consider the effect of the sex ratio and the
minor allele frequency (MAF) on the Type I error rate. Type I error
rates were calculated by exhaustive enumeration (Graffelman and
Moreno, 2013). This avoids error in the obtained rates because of
simulation or asymptotic approximations.
Figure 4 shows the Type I error rate for the most common tests for
HWE, the exact test and the χ2 test. We use a sample of 100
individuals and report the Type I error as a function of the minor
allele count and the sex ratio. We note that the maximum minor allele
count is given by 12ð2nf þ nmÞ for each graph, but that the limits of all
graphs have been kept ﬁxed to facilitate comparison. Figure 4 shows
that the standard exact test is conservative for low MAF and never
exceeds the nominal rate (α= 0.05). The standard exact test underrates
the nominal rejection level for low MAF. The χ2 test can largely exceed
the nominal rate, especially for low MAF markers. These ﬁndings are
essentially consistent with those reported for autosomal markers
(Wigginton et al., 2005; Graffelman and Moreno, 2013). When there
are no males in the sample, the Type I error rate is exactly the same as
the one obtained for an autosomal marker (see Figure 2; Graffelman
and Moreno, 2013). When there are no females in the sample
Hardy-Weinberg proportions (HWP) can never be rejected, and
therefore the Type I error rate is 0. Extremely biased sex ratios affect
the χ2 test, giving it an increased Type I error rate. The χ2 statistic is
not deﬁned for samples without males or females, because expected
counts for males or females are zero in those cases. The best Type I
error rate proﬁles are observed when the number of males is
approximately equal to the number of females. With regard to the
exact test, the rejection level of the mid P-value is most close to the
nominal rejection level, for all allele frequencies and sex ratios.
We also compare the Type I error rate of the exact test for the all-
individual test and the females-only test, as a function of sex ratio and
minor allele count, in Figure 5. This ﬁgure shows the Type I error
rates to be identical (as expected) when all sampled individuals are
females (upper left panel). For samples that do contain males, the
Type I error rate proﬁle of a test ignoring males is typically below the
proﬁle of an all-individual test, and farther below the nominal
rejection level. The convergence to the nominal rate is faster for the
all-individual exact test. We note that the maximal minor allele count
on the horizontal axis is 12nt for the all-individual test, but smaller (
1
2nf )
for the females-only test because of the exclusion of males.
EXAMPLES: THE GENEVA VENOUS THROMBOSIS PROJECT
We present applications of the tests developed in this paper to data
from a genome-wide association study on venous thrombosis that
formed part of the GENEVA project (www.geneva.org). The original
genome-wide data set contains 561 490 single-nucleotide polymorph-
isms (SNPs) typed for 2600 study subjects from the Mayo Clinic.
Details of the study have been posted on the database of Genotypes
and Phenotypes (dbGaP; http://www.ncbi.nlm.nih.gov/gap) and are
available under accession number phs000289.v2.p1. We use a subset of
X-chromosomal SNPs of this project, to which we apply the tests
proposed in this paper. Only control subjects were considered, and for
pairs with a ﬁrst- or second-degree family relationship, one individual
was removed in order to create a subset of independent individuals.
Statistical tests for HWE assume a random sample of independent
individuals from an inﬁnite universe. The removal of related
individuals is an effort to try to satisfy that assumption as best as
possible. Individuals potentially stemming from a different human
population were identiﬁed as such by principal component analysis
and removed. In order to obtain a set of approximately independent
markers, SNPs were linkage disequilibrium pruned with Plink (Purcell
et al., 2007). More details on the ﬁltering of the database can be found
in its associated technical report (GENEVA, 2010). After applying
these ﬁlters, a database of 1256 control subjects genotyped for 4158
X-chromosomal SNPs was used for the statistical analysis described in
this paper.
In order to emphasize the difference between the tests proposed in
this paper and the habitual approach of testing HWE on females only,
we report χ2 and exact tests with and without males for four SNPs in
Table 3 as an example. The reported χ2 tests used 1 and 2 degrees of
freedom for a females-only and an all-individual test, respectively.
The ﬁrst marker in Table 3 is seen to be almost in perfect HWE
when only females are tested. Males have, however, a different allele
frequency, and the test including the males is highly signiﬁcant. This
shows that the inclusion of the males can drastically change the
statistical inference on HWE. The second marker is monomorphic in
females. The inclusion of the males increases the sample size and
males with B alleles do exist, showing the marker is in fact
polymorphic. Inclusion of the males brings the marker close to
statistically signiﬁcant. For the third marker, HWE is rejected when we
mA
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Figure 3 Joint distribution of mA and fAB for given sample size, minor allele
count and number of males and females. Example for n=20, nm=10,
nf=10 and nA=6.
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look at females only. Males have virtually the same allele frequency.
Inclusion of the males lessens the evidence for disequilibrium to some
extent, bringing the P-value above the 5% threshold. For the fourth
marker, males and females have almost the same allele frequency, and
the female genotypes are close to HW proportions. In this case, the
two tests agree. For all four SNPs, χ2 and exact P-values do closely
agree. We applied the new tests to all 4158 selected SNPs of the
database and compare the P-values of tests with all individuals with
those obtained by discarding males. Plots of the χ2 and exact P-values
are shown in Figure 6 in their original scale (Figures 6a and c for χ2
and exact respectively) and after a − log10 transformation (Figures 6b
and d). The latter transformation is usually applied to focus on the
lower tail of the distribution.
These plots show a large degree of scatter and a relatively poor
agreement between the P-values of the all-individual and females-only
tests. It is possible that a marker has a P-value close to 1 in a test based
on females only, whereas it is signiﬁcant in a test that uses males and
females. When we focus on the lower tail of the distribution by
applying a − log10 transformation, a set of markers for which inference
changes qualitatively (from signiﬁcant to nonsigniﬁcant or the reverse)
is uncovered. This set comprises ∼ 5% of the total number of SNPs
analysed. SNPs in Figure 6 are colour coded according to their
signiﬁcance level in Fisher’s exact test for the equality of male and
female allele frequencies. This shows that SNPs that become signiﬁcant
upon changing from a females-only test to an all-individual test
typically have signiﬁcant differences in male and female allele
frequencies, whereas markers that become nonsigniﬁcant typically
do not. Of the SNPs, 4.3% show a signiﬁcant difference in allele
frequency between males and females. If there are signiﬁcant
differences in allele frequencies between the sexes, then the all-
individual test tends to have a smaller P-value, whereas if there are
no such differences, it tends to have a larger P-value. The χ2 and exact
P-values correlate well (plots not shown), and particularly so if low
MAF markers are excluded. The large difference between an all-
individual and a females-only test cannot be explained by the presence
of low MAF markers. Figure 6 largely remains the same when low
MAF markers are removed (result not shown). We study the
distribution of the P-values by making Q–Q plots for the P-values
of both tests, as is shown in Figure 7.
The χ2 tests (Figures 7a and b) show outliers and a lower tail of the
P-value distribution that deviates from the uniform distribution. This
is because of the presence of highly signiﬁcant low MAF markers.
0 20 40 60 80 100
0.00
0.04
0.08
n= 100 nm= 0 nf= 100
Minor allele count.
Ty
pe
 1
 E
rr
or
0 20 40 60 80 100
0.00
0.04
0.08
n= 100 nm= 1 nf= 99
Minor allele count.
Ty
pe
 1
 E
rr
or
0 20 40 60 80 100
0.00
0.04
0.08
n= 100 nm= 20 nf= 80
Minor allele count.
Ty
pe
 1
 E
rr
or
Standard
Mid−p
Chi−square
0 20 40 60 80 100
0.00
0.04
0.08
n= 100 nm= 40 nf= 60
Minor allele count.
Ty
pe
 1
 E
rr
or
0 20 40 60 80 100
0.00
0.04
0.08
n= 100 nm= 50 nf= 50
Minor allele count.
Ty
pe
 1
 E
rr
or
0 20 40 60 80 100
0.00
0.04
0.08
n= 100 nm= 60 nf= 40
Minor allele count.
Ty
pe
 1
 E
rr
or
0 20 40 60 80 100
0.00
0.04
0.08
n= 100 nm= 80 nf= 20
Minor allele count.
Ty
pe
 1
 E
rr
or
0 20 40 60 80 100
0.00
0.04
0.08
n= 100 nm= 99 nf= 1
Minor allele count.
Ty
pe
 1
 E
rr
or
0 20 40 60 80 100
0.00
0.04
0.08
n= 100 nm= 100 nf= 0
Minor allele count.
Ty
pe
 1
 E
rr
or
Figure 4 Type I error rate of X-chromosomal tests for HWP as a function of sex ratio and MAF. The Type I error rate of an all-individual test for HWP
is plotted for the exact test with the standard P-value (red), the exact test with the mid P-value (green) and the χ2 test without continuity correction (blue).
n, sample size (100); nf, number of females; nm, number of males.
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The χ2 test for autosomal markers has been reported to be often too
liberal for low MAF markers (Graffelman and Moreno, 2013) and this
also happens for the X-chromosomal χ2 test proposed here. The exact
P-values show better agreement with a uniform distribution
(Figures 7c and d). We focus on the most signiﬁcant markers in the
all-individual and the females-only tests.
We found the all-individual exact test to detect more signiﬁcant
SNPs. The all-individual test detected 188, 40 and 4 signiﬁcant SNPs at
the 5%, 1% and 0.1% level, respectively. For the females-only test,
there were 154, 22 and 2 signiﬁcant SNPs at these levels. The most
signiﬁcant markers detected in the all-individual exact test are basically
SNPs that have different allele frequencies for males and females. In
females-only tests, signiﬁcant disequilibrium was mostly observed
because of a lack of heterozygotes (60% of the 154 SNPs).
Cluster plots of four markers are shown in Figure 8. Figures 8a–c
are among the most signiﬁcant in an all-individual exact test for HWE.
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Figure 5 Type I error rate of tests for HWP as a function of sex ratio and MAF. The Type I error rate of an all-individual test for HWP on the X chromosome
is plotted for the exact test with the standard P-value (red), and for the exact test that excluded the males (orange). n, sample size (100); nf, number of
females; nm, number of males.
Table 3 Genotype counts (mA, mB, fAA, fAB, fBB), allele frequencies of males and females (pAm, pAf), χ2 P-values, standard exact P-values and
exact mid P-values for the all-individual test and the female-only test for four single-nucleotide polymorphisms (SNPs) of the venous thrombosis
database
SNP Genotypes Allele frequencies χ2 P-values Exact P-values Exact mid P-values
mA mB fAA fAB fBB pAm pAf w22 (all) w
2
1 (female) Exact (all) Exact (female) Exact (all) Exact (female)
rs6646338 399 205 230 314 107 0.661 0.594 0.022 0.992 0.021 1.000 0.021 0.968
rs12010339 603 2 651 0 0 0.997 1.000 0.116 1.000 0.101 1.000 0.051 0.500
rs5935567 372 233 231 337 83 0.615 0.614 0.064 0.019 0.067 0.021 0.067 0.019
rs5968922 392 212 275 296 80 0.649 0.650 0.999 0.980 1.000 1.000 0.999 0.966
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Figure 8a shows males that have allele intensities close to zero, and
suggests the possible existence of null alleles. Figure 8b is representa-
tive for many signiﬁcant SNPs and shows no apparent sign of
genotyping errors. Figure 8c suggests that there is copy number
variation, and Figure 8d shows null alleles and missing values.
In general, X-chromosomal cluster plots often show poor separation
of homozygous females and the corresponding hemizygous males.
DISCUSSION
There are many research papers on HWE testing for autosomal
markers. The issue of testing markers at the X chromosome for HWE
has apparently received little attention before, and the standard
approach is to ignore males and test HWE with the autosomal
procedures for the females only. In this paper we have presented four
frequentist methods for testing markers at the X chromosome for
HWE that take both males and females into account.
We note that the methodology outlined in this paper applies to all
diploid species with a genetic sex determination system with a
heterogametic and a homogametic sex. The GENEVA data on venous
thrombosis analysed above stem from human genetics, but the
presented methods are equally relevant for most other mammals
and also for taxa with a different genetic sex determination system
such as the ZW system in birds and Lepidoptera.
Some parts at the tips of the X chromosome, the pseudo-autosomal
regions (Graves et al., 1998), behave as an autosome. For markers in
this region, the tests developed in this paper, of course, do not apply
and the classical autosomal tests should be used. Though the pseudo-
autosomal regions are small, positional information of the markers is
thus needed in order to decide which type of HWE test (autosomal or
X chromosomal) should be applied.
The proposed χ2 test allows the user to ﬁx the male to female ratio
to 1:1 (or any other value) or to estimate it from the data, at the loss of
one degree of freedom. We recommend to estimate ϕ always from the
data. Fixing ϕ to 0.5 assumes that the data come from a statistical
universe with a 1:1 sex ratio. This assumption is usually unwarranted,
as the population sex ratio is typically unknown, and varies with age.
Moreover, if males or females are oversampled (as often happens)
then it surely makes more sense to estimate the male fraction ϕ from
the data. Estimating ϕ from the data controls for possible unbalanc-
edness of the sex ratio, and is the best default for the test.
An heuristic alternative procedure to test X-linked markers for
HWE consists of testing ﬁrst equality of allele frequencies (by χ2 or
Fisher’s exact test on the two-way table of alleles by gender), and reject
HWE if signiﬁcant differences are found. For those markers that have
no signiﬁcant difference in allele frequencies, females can be tested for
HW proportions in a second step, and HWE is rejected in second
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Figure 6 Scatter plots of P-values in original and -log10 scale for χ2 tests (a, b) and exact tests (c, d) for HWE using females only and using both males and
females for 4158 SNPs at the X chromosome of the venous thrombosis database. The horizontal and vertical black lines in (b) and (d) correspond to a
signiﬁcance level of 5%. Points colored according to their signiﬁcance level in Fisher’s test for equality of allele frequencies (range 0–1 from red to green).
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instance if signiﬁcant deviations are found. This approach unnecessa-
rily increases the number of statistical tests performed and arbitrarily
tests equality of allele frequencies before HW proportions. Moreover, a
test for equal allele frequencies among the sexes typically assumes
HWE from the onset, which seems circular. The tests proposed in
this paper are omnibus tests in the sense that equality of allele
frequencies and HW proportions for females are tested simultaneously
in a single test.
The analysis of the venous thrombosis database shows that both
HWE tests can detect markers with possible null alleles (see Figure 8).
X-chromosomal null alleles behave like X-linked recessive alleles:
they can be detected in hemizygous males for having a zero allele
intensity but can easily go unnoticed in heterozygote females who are
carriers but have a non-zero allele intensity. If males are ignored, it
will become harder to detect X-chromosomal null alleles. The
all-individual exact test ﬁnds more signiﬁcant HWE test results for
this database. This suggest that the latter has better power than a test
based on the females alone. This can in fact be inferred from Figure 5
that shows the all-individual test to have a better Type I error rate, and
thus better power.
In the database studied in this paper, the percentage of SNPs
signiﬁcant in an exact test for equality of allele frequencies (4.3%) is
approximately what can be expected by chance alone at a 5%
signiﬁcance level (and, in fact, the distribution of the corresponding
exact P-values is approximately uniform if the usual spike at P-value 1
is ignored). Though mere chance would be sufﬁcient to explain
the observed signiﬁcant allele frequency differences, we think that the
latter may at least in part be due to genotyping error, in particular if
there are null alleles or if there is copy number variation. We refer to
the cluster plots of some SNPs in the previous section to illustrate this
issue. Marker rs3747393 (shown in Figure 8c) is nonsigniﬁcant in an
exact test for HWP in females (with exact P-value 0.426 in a females-
only test). However, Figure 8c shows many males with high allele
intensities that are comparable to those of homozygote females,
suggesting that males with two copies of the allele may exist. This,
together with the inclined nature of the homozygote female clouds,
suggests that copy number variation does exist for this SNP. In this
case, this would have gone unnoticed in a test for HWP in females
alone. Marker rs3747394 (shown in Figure 8d) is also nonsigniﬁcant in
the HWP test in females (P= 0.873), though the cluster plot shows
missing values, evidence of null alleles and males with non-zero allele
intensities for the allele they are inferred not to carry. We think
Figure 8d represents signals of genotyping error undetected by a test
for HWP in females alone. Difference in allele frequencies are
signiﬁcant for this case (P= 0.032), and the proposed all-individual
test is close to signiﬁcant (P= 0.091). We inspected all cluster plots
with signiﬁcant differences in allele frequencies and most of them look
unproblematic like Figure 8b. This suggests that signiﬁcant differences
in allele frequencies in our database mostly represent chance effects.
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Figure 7 Q–Q plots of − log10 transformed P-values of χ2 and exact tests for HWE for 4158 SNPs of the venous thrombosis database. (a, c) Females only
and (b, d) all individuals.
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In many genetic studies, genome-wide association studies in
particular, testing genetic markers for HWE is performed for reasons
of quality control. This is because disequilibrium has often been found
to be associated with genotyping error. We do however not
recommend the blind elimination of all markers with signiﬁcant
HWD, precisely because HWD can also be a sign of disease association.
Recent papers (Waples, 2015; Graffelman et al., 2015) discuss several
factors that should be considered before discarding a marker: the
number of missing values, the degree and nature of disequilibrium (lack
or excess of heterozygotes), the MAF and the quality of the cluster plot.
As shown in this paper, the corresponding HWE tests should take into
account whether the marker is X chromosomal or autosomal.
SOFTWARE
All four X-chromosomal tests developed in this paper will be available
in the R environment (R Core Team, 2014) if version 1.5.6 of the
HardyWeinberg package (Graffelman, 2015) is installed.
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